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Abstract High-utility itemset mining aims to find the set
of items with utility no less than a user-defined thresh-
old in a transaction database. High-utility itemset mining is
an emerging research area in the field of data mining and
has important applications in inventory management, query
recommendation, systems operation research, bio-medical
analysis, etc. Currently, known algorithms for this problem
can be classified as either 1-phase or 2-phase algorithms.
The 2-phase algorithms typically consist of tree-based algo-
rithms which generate candidate high-utility itemsets and
verify them later. A tree data structure generates candi-
date high-utility itemsets quickly by storing some upper
bound utility estimate at each node. The 1-phase algorithms
typically consist of inverted-list based and transaction pro-
jection based algorithms which avoid the generation of can-
didate high-utility itemsets. The inverted list and transaction
projection allows computation of exact utility estimates. We
propose a novel hybrid framework that combines a tree-
based and an inverted-list based algorithm to efficiently
mine high-utility itemsets. Algorithms based on the frame-
work can harness benefits of both types of algorithms. We
report experiment results on real and synthetic datasets to
demonstrate the effectiveness of our framework.

� Vikram Goyal
vikram@iiitd.ac.in

Siddharth Dawar
siddharthd@iiitd.ac.in

Debajyoti Bera
dbera@iiitd.ac.in

1 Department of Computer Science, Indraprastha Institute
of Information Technology, Delhi, India

Keywords Data mining · Mining methods
and algorithms · Pattern growth mining · Frequent pattern
mining · Utility mining

1 Introduction

Frequent itemset mining [1, 13, 15] finds the set of items
in a transaction database with a frequency no less than a
user defined frequency threshold. It finds applications in
mining association rules, supermarket shelf management,
mining frequent itemsets from web logs and a part of many
important data mining tasks like clustering, classification,
etc. Frequent itemset mining only considers the presence
or absence of items in the database and assumes that all
items have equal importance. However, in real life, items
in a transaction can have different quantity (often known as
the internal utility of the items) and generate different profit
(often known as the external utility of the items). For exam-
ple, someone may buy six boxes of DVDs, one video player
from a store and furthermore, the store will not make same
profit with each item.

High-utility itemset mining [20, 21, 25, 29] has emerged
as a research area to address these issues. A conventional
approach is to define the utility of an item in a transac-
tion as the product of its quantity and its associated profit.
The utility of an itemset in a transaction is defined as the
sum of the utility of individual items. However, the utility
can be defined according to a given application domain. For
example, consider the problem of query expansion where an
objective is to recommend query words to a user to improve
her search results from a documents collection. Here, each
document can be modeled as a transaction consisting of
words as its items, and frequency of a word as its quantity.
The relative importance of each word can be modeled by
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its inverse document frequency (IDF) over the corpus of
documents.

Utility-mining also finds its applications in cross-marketing
in retail stores [8, 17], web click stream analysis [16, 25],
bio-medical data analysis [6], and mobile commerce envi-
ronment planning [26]. Utility-mining has also been applied
with other mining techniques like sequential-pattern mining
[32, 33], episode-pattern mining [24, 31], stream mining [4,
16], maximal high-utility pattern mining [18, 27], and high-
utility rare pattern mining [12]. We use the terms “itemset”
and “pattern” interchangeably in this paper.

Existing algorithms for high-utility itemset mining can
be classified into two different paradigms: 1-phase and
2-phase algorithms. The tree-based algorithms [28] are 2-
phase algorithms which find candidate high-utility itemsets
in the first phase and verify them in the second phase. The
bottleneck of tree-based algorithms lies in verifying the can-
didates to find high-utility itemsets among the candidates.
However, they are generally fast in computing estimates of
utility for an itemset. Inverted-list is another data structure
for storing the database information. Inverted-list associated
with an item, stores a list of transactions which contain the
associated item. The vertical mining algorithms [19] use
an inverted-list data structure for its working and are 1-
phase. Liu et al. [19] proposed a utility-list data structure
based on inverted-list and an algorithm which finds {k}-
length high-utility itemsets by intersecting the utility-lists of
{k − 1}-length itemsets. Viger et al. [10] proposed a strat-
egy to improve the performance of HUI-Miner by reducing
the number of intersection operations. These vertical mining
algorithms use simple intersection operation on inverted-
lists of {k − 1}-length itemsets to calculate the support of
an {k}-length itemset. Solutions based on the vertical min-
ing have been shown to perform better as compared to the
tree-based approaches as they compute the estimate of util-
ity correctly. However, the cost of intersection operations is
higher for smaller itemsets as compared to that for larger

ones. The cost is higher due to the larger size of lists usually
associated with smaller itemsets.

To validate our hypothesis that algorithms based on our
hybrid framework will perform better due to avoidance of
costly intersection operations and candidate verification, we
conduct an experiment on a real life dataset called Acci-
dents available from the FIMI repository [11]. The dataset
is augmented with quantity and utility values for items as
per previous works in the literature [19, 29, 36]. The results
of the experiment are shown in Fig. 1.Weobserve that there are
few high-utility itemsets of small length, where the length
of an itemset is the number of individual items contained
in it. Smaller itemsets have large utility-lists as they occur
in a large number of transactions. The size of utility-lists
decreases as the number of transactions containing an itemset
decreaseswith the increase in itemset length. Therefore, a tree-
based algorithm can be used in the beginning to avoid cost
due to joining of long lists associated with short itemsets.

Transaction databases can be categorized by the aver-
age transaction length and the number of items. Datasets
with small average transaction length and a large number of
items are known as sparse datasets. Transaction databases
with large average transaction length and a small number
of items are known as dense datasets. Dense datasets are
known to generate a large number of long high-utility item-
sets. Ahmed et al. [3] proposed a measure R to characterize
the nature of a dataset. They used the ratio of average trans-
action length to the number of items to characterize sparsity.
If the ratio is less than 1%, the dataset can be sparse, oth-
erwise dense. Sparse datasets are generated by retail stores,
web click stream data, etc. Retail stores like Walmart usu-
ally sell millions or billions of products. On the other hand,
customers purchase very few items at a time. So, trans-
actions generated by such retail stores are usually sparse
with small average transaction length and a large number
of items to chose from. Similarly, E-commerce vendors like
Amazon, Snapdeal, etc. sell million of products online but

Fig. 1 Effect of pattern size on
the number of high-utility
itemsets and utility-list size on
Accidents dataset

(a) (b)
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Table 1 Characteristics of real
datasets Dataset #Tx Avg. length (A) #Items (D) Density score R (%) R=(A/D)x100 Type

Retail 88,162 10.3 16,470 0.0625 Sparse

Chainstore 11,12,949 7.2 46,086 0.0156 Sparse

Kosarak 9,90,002 8.1 41,270 0.0196 Sparse

OnlineRetail 5,40,555 4.37 2,603 0.167 Sparse

BMS WebView 1 59,602 2.51 497 0.50 Sparse

BMS WebView 2 77,512 4.62 3,340 0.13 Sparse

PowerC 10,40,000 7 125 5.6 Dense

KDDCup99 10,00,000 16 135 11.8 Dense

Mushroom 8,614 23 119 19.32 Dense

Connect 67,557 43 129 33.33 Dense

Accidents 3,40,183 33.8 468 7.2 Dense

have small transaction length. In real life, sparse datasets
are abundant, and many experimental sparse datasets are
available like Retail, ChainStore, Kosarak, etc. as shown in
Table 1.

Recently, Zida et al. [36] proposed a depth-first search
based recursive algorithm EFIM, which is a 1-phase algo-
rithm. It generates projected databases to mine high-utility
itemsets. The algorithm uses transaction merging at each
step to reduce the size of the projected databases during
recursive invocations. EFIM was shown to have 10 to 100
times more efficiency compared to FHM on dense datasets.
Like other 1-phase algorithms, it computes the utility esti-
mates correctly. The key to superior performance of EFIM
lies in transaction merging which reduces the size of the pro-
jected database significantly during recursive invocations.
We also observed that transaction merging reduces size of
the database by 10 to 500 times for dense datasets.

In this paper, we propose a novel framework, which
combines the advantages of tree-based and vertical mining
algorithms for generating high-utility itemsets. The frame-
work exploits the benefit of both approaches, i.e. efficiently
compute utility estimates like tree-based algorithms and
prune non-candidates using correct estimates of utility like
inverted-list algorithms. We demonstrate an application of
the framework by combining UP-Growth+ and FHM algo-
rithms. Our contributions can be summarized as follows:

1. We identify the issues with the tree-based and inverted-
list based approaches and propose a novel hybrid frame-
work which obtains the benefits of these approaches.
Our framework can combine any tree-based algo-
rithm like UP-Growth+ [29], MU-Growth [34], UP-Hist
Growth [7] etc. with inverted-list based algorithms like
HUI-Miner [19], FHM [10].

2. We design an efficient hybrid algorithm called UFH
based on the integration of UPGrowth+ and FHM. We

also discuss several optimization techniques like mem-
oization, early termination and transaction merging to
enhance the performance of our hybrid algorithm.1

3. We demonstrate the benefit of hybridization for sparse
datasets by empirically comparing UFH to the state-
of-the-art algorithms, FHM and EFIM. FHM has been
previously shown to be better compared to the state-of-
the-art tree-based algorithms.

The paper is organized as follows. Section 2 reviews the
related work and problem statement is defined in Section 3.
We describe our framework in Section 4 which shows
how to combine the ideas of tree-based and inverted-list
based approach. We study the integration of UP-Growth+
and FHM algorithm in Section 5. The experimental results
are presented in Section 6 and Section 7 concludes the
paper.

2 Related work

Frequent itemset mining [1, 13, 15] has been studied exten-
sively in the literature. Agrawal et al. [1] proposed two
algorithms called Apriori and Apriori-TID for mining asso-
ciation rules from market-basket data. Their algorithms
were based on the downward closure property [1]: Every
subset of a frequent itemset is also frequent. The algorithms
explore the search space in a level-wise manner. Candidate
itemsets having k items is generated by joining itemsets hav-
ing k − 1 items. The Apriori algorithm uses the database

1In an earlier work [5], we designed a similar hybrid algorithm
for solving a similar problem of mining high-utility itemsets with
discounts where UP-Hist Growth [7] and FHM [10] were combined.
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to count the support of candidate itemsets. Apriori-TID
algorithm encodes the candidate itemsets and uses them
for counting purpose to reduce the effort in reading the
database. Park et al. [22] proposed a hash-based algorithm
which generates less number of candidates compared to
Apriori algorithm. Zaki et al. [35] proposed an algorithm
called ECLAT, which uses inverted-list of transactions asso-
ciated with each itemset to find a set of potentially maximal
frequent itemsets. Han et al. [13] proposed a pattern-growth
algorithm to find frequent itemsets by using a data structure
known as FP-tree.

Some hybrid algorithms were also proposed to find fre-
quent itemsets from sequence and transaction databases.
Agrawal et al. [1] proposed an algorithm called Apriori-
Hybrid which combines the best features of Apriori and
Apriori-TID algorithms. The algorithm uses Apriori in the
initial passes and switches to Apriori-TID when the set of
generated candidates at the end of a pass is expected to fit
into main memory. Vu et al. [30] proposed a hybrid algo-
rithm which combined FP-Growth and Eclat algorithms to
mine frequent itemsets from a transaction database. How-
ever, frequent itemset mining algorithms cannot be used to
find high-utility itemsets as it is not necessarily true that a
frequent itemset is also a high-utility itemset in the database.
Moreover, an infrequent itemset can also have high-utility
and will be missed by a frequent itemset mining algorithm.
Mining high-utility itemsets is even more challenging com-
pared to the frequent “itemsets” mining, as there is no
downward closure property.

High-utility itemset mining is a natural extension to
frequent itemset mining and has also received significant
research attention. Several tree-based algorithms have been
proposed to find high-utility itemsets of which an impor-
tant one is a two-phase algorithm given by Liu et al. [21].
The candidate high-utility itemsets are generated in the first
phase and verified in the second phase. Ahmed et al. [2]
proposed a data structure called IHUP-tree and another two-
phase algorithm to mine high-utility patterns incrementally
from dynamic databases. However, the above algorithms
generate a lot of candidate itemsets in the first phase. In
order to reduce the number of candidates, Tseng et al. [28]
proposed a new data structure called UP-Tree and proposed
two algorithms namely, UP-Growth [28] and UP-Growth+
[29]. The authors also presented some effective strategies to
reduce the overestimated utilities. Yun et al. [34] proposed a
tree data structure called MIQ-tree, which is similar to UP-
tree and stores the maximum utility of an item in each node
of the tree. However, the maximum utility information is
stored only in the global MIQ tree. Yun et al. [34] proposed
a recursive two-phase algorithm called MU-Growth which

is similar to UP-Growth+. Dawar et al. [7] proposed another
data structure called UP-Hist tree which stores a histogram
of quantity information with each node of the tree. The idea
behind associating more information with the nodes of a tree
is that it helps in reducing the number of candidates gener-
ated by using better utility estimates. The problem with the
tree-based algorithms is that the generation and verification
of a vast number of candidate itemsets often result in poor
performance.

In the category of inverted-list based approaches to
mine high-utility itemsets, there are mainly two algorithms,
HUI-Miner [19] and FHM [10]. Liu et al. [19] proposed
a new data structure called utility-lists and an algorithm
HUI-Miner for mining high-utility itemsets. The algorithm
intersects the utility-list of itemset X with the utility-list of
each item in the external list to generate the utility-lists of
supersets of X. The algorithm avoids the costly generation
and verification of candidates by storing the exact utility of
the itemset and expected utility values of its supersets in the
utility-lists. However, the joining of utility-lists of an item-
set to produce a new itemset is a costly operation. In order
to reduce the number of join operations, Viger et al. [10]
proposed a novel data structure EUCS(Estimated Utility Co-
occurrence Structure) to prune itemsets without performing
the join operation.

Recently, a couple algorithms have been proposed which
use projection techniques to mine high-utility itemsets. Lan
et al. [14] proposed an efficient projection-based indexing
approach for mining high-utility itemsets. The algorithm
uses an indexing structure to find candidate high-utility
itemsets and utilizes the concept of projection to find the
transactions containing the itemsets. Zida et al. [36] pro-
posed an algorithm called EFIMwhich uses projection tech-
niques along with transaction merging to find high-utility
itemsets without generating any candidate high-utility
itemsets.

3 Problem statement

We have a set of m items I = {i1, i2, ..., im}, where each
item i has a positive external utility eu(i) associated with
it. Every item i in a transaction T has an internal utility
iu(i, T ) associated with it. An itemset X of length k is a set
of k distinct items {i1, i2, ..., ik} ⊆ I . A transaction database
D = {T1, T2, ....., Tn} is a set of n transactions, where every
transaction has an associated itemset.

Definition 1 (Utility of an item in a transaction) The util-
ity of an item i in a transaction T is denoted as u(i, T )
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Fig. 2 Example database

and defined as the product of its internal utility and external
utility i.e., u(i, T ) = iu(i, T ) ∗ eu(i).

Definition 2 (Utility of an itemset in a transaction) The util-
ity of an itemset X in a transaction T is denoted as u(X, T )

and defined by
∑

X⊆T
i∈X

u(i, T ).

Consider our example database shown in Fig. 2. The util-
ity of item {A} in T3 is u({A}, T3) = 2 × 5 = 10 and
u({A, B}, T3) = u(A, T3) + u(B, T3) = 10 + 4 = 14.

The utility of an itemset over the database is computed
by adding the utility value of the itemset in each transaction
of the database.

Definition 3 (Utility of an itemset in database) The util-
ity of an itemset X in database D is denoted as u(X) and
defined as

∑

X⊆T
T ∈D

u(X, T ).

For example, u({A, B}) = u({A, B}, T3)+u({A, B}, T6)
= 14 + 32 = 46.

Definition 4 (High-utility itemset) An itemset is called a
high-utility itemset if its utility is no less than a given
minimum user-defined threshold denoted by min util.

For example, u({A, C}) = u({A, C}, T1)+u({A, C}, T2)
+u({A, C}, T6) = 15 + 16 + 31 = 62. If min util =
50, then {A, C} is a high-utility itemset. However, if
min util = 75, then {A, C} is a low utility itemset.

Problem statement Given a transaction database D and
a minimum user-defined threshold min util, the aim is to
enumerate all high-utility itemsets.

In frequent itemset mining, all subsets of a frequent item-
set are frequent. All supersets of an infrequent itemset are
infrequent. This property is known as the downward closure
property [1]. However, high-utility itemset mining does not
satisfy this property. The subset of a low utility itemset can
have high-utility as well as vice versa. The concept of trans-
action weighted utility was coined by researchers, which
satisfies the downward closure property.

Definition 5 (Transaction utility) The transaction utility
of a transaction T is denoted by T U(T ) and defined as
u(T , T ).

For example, the transaction utility of every transaction
in our example database is shown in Figure 2. Using TU
value of each transaction, we can now define an upper
bound utility estimate of an itemset called as Transaction-
Weighted utility (TWU).

Definition 6 (TWU of an itemset) TWU of an itemset X

is the sum of the transaction utilities of all the transactions
containing X, which is denoted as T WU(X) and defined as∑

X⊆T
T ∈D

T U(T ).

Definition 7 (High TWU itemset) An itemset X is called a
high transaction weighted utility itemset if T WU(X) is no
less than min util.

For any itemset X, if X is not a high TWU itemset,
any superset of X can not be a high-utility itemset. In our
example, T U(T1) = u({ACD}, T1) = 17; T WU({A}) =
T U(T1) + T U(T2) + T U(T3) + T U(T6) = 124. If
min util = 60, {A} is a high TWU itemset. However, if
min util = 130, {A} and none of its supersets is a high
TWU itemset.

Preprocessing Tree-based 
algorithm

Inverted-list 
based 

algorithm

Switching 
module

Inverted-list 
construc�on

Fig. 3 Hybrid framework
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4 Hybrid framework

In this section, we propose a hybrid framework for com-
bining any tree-based and inverted-list based algorithms
for mining high-utility itemsets. Our proposed framework
consists of five steps and is illustrated in Fig. 3. In the pre-
processing step, the transactions in the database are scanned
to construct the inverted-lists of distinct items present in
the database. Every transaction is inserted to construct a
tree data structure. Each node of a tree consists of an item
name, support count, overestimated utility and a pointer to
its child node. The root of a tree is a special empty node
which represents null item and points to its child nodes. A
path from the root to a particular node in the tree, is the
set of transactions, which contain the itemset consisting of
nodes along that path. The support count of a node along
a path is the number of transactions in the database that
contain the itemset consisting of items on the path from
the root to that node. One optimization can be applied to
reduce the number of nodes of a tree. The nodes represent-
ing items whose superset itemsets can not have high-utility
can be removed from the transactions before tree construc-
tion. Such items are called unpromising items. In order to
apply this optimization during the construction of a tree, two
scans of the database are needed. In the first scan, the over-
estimated utility of each item is computed by using some
overestimated utility measure like TWU. Items with overes-
timated utility less than the minimum utility threshold are
unpromising items and must be removed from the transac-
tion database. The database is scanned again to remove the
unpromising items from each transaction.

After construction of a tree data structure, a tree-based
algorithm is called. Tree-based algorithms are recursive
two-phase algorithms. The algorithm starts with an empty
prefix and extends it with each item i present in the tree in
a bottom-up manner. An overestimated utility of itemset is
computed, and the itemset is added to the set of candidate
high-utility itemsets if overestimated utility is greater than
the minimum utility threshold. A local tree of the currently
prefix is constructed and the algorithm is called recursively.
At the end of the first phase, the complete set of candidate
high-utility itemsets is generated. In the second phase, the
exact utility of candidate itemsets is computed to find the
complete set of high-utility itemsets.

One possibility can be to run only the tree-based algo-
rithm and do not switch to the inverted-list based algorithm.
Another possibility can be to invoke the inverted-list based
algorithm directly after the pre-processing step and mine the
high-utility itemsets. The above approaches have their own
merits and demerits. In order to gain benefits of both the

paradigms, the third possibility is to start with a tree-based
algorithm and switch to an inverted-list based algorithm
during some point of the execution. The switching module
helps to decide a point where the execution is switched from
a tree-based algorithm to an inverted-list based algorithm.
There can be different criteria’s which can be defined for
the switching module. One possibility, can be to decide
the switching criteria by observing the data distribution.
Another possibility is to generate a candidate high-utility
itemset from a tree-based algorithm and switch the execu-
tion to an inverted-list based algorithm. We evaluate the
performance of the latter possibility in this paper.

An inverted-list based algorithm takes as input; the
inverted-list of itemset I on which it will be invoked and the
set of inverted-lists of I ′s extensions. In order to ensure cor-
rectness, one can consider all the items in the set of items
present in the database. However, this approach will be inef-
ficient as it will result in the creation of inverted-lists of
itemsets which either do not exist in the transaction database
or are a low-utility itemset. The tree structure can be used
to make this process efficient. The items which have been
explored by the tree-based algorithm or items whose super-
sets can not be of high-utility can be removed from the set
of I 1-extensions.

After creation of the inverted-lists, an inverted-list based
algorithm can be called. The inverted-list based algorithm
explores the search space in a level-wise manner similar to
the Apriori algorithm [1]. An inverted-list based algorithm
generates the inverted-list of {k}-length itemset by combining
inverted-lists of {k−1}-length itemsets. After processing all the
supersets of itemset I , the inverted-list based algorithm termi-
nates, and the execution returns to the tree-based algorithm.

5 A hybrid algorithm for high-utility itemset
mining

In this section, we will perform a case study where we
will integrate UP-Growth+ and FHM algorithms into our
proposed framework. We briefly discuss the state-of-the-art
tree-based algorithm in Section 5.1 and inverted-list based
algorithm in Section 5.2. We propose a hybrid algorithm
called UFH in Section 5.3. We will discuss several opti-
mization techniques to improve the performance of our
hybrid algorithm in Section 5.4.

5.1 UP-tree based algorithm

UP-Growth+ [29] is a two-phase recursive algorithm based
on UP-tree data structure for mining high-utility itemsets
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Fig. 4 Global UP-tree

from a transaction database. Each node N in a UP-tree con-
sists of a name N.item, overestimated utility N.nu, support
countN.count , a pointer to the parent nodeN.parent and a
pointer N.hlink to another node, which has the same name
as N.name. The root of the tree is a special empty node
which points to its child nodes. A path from the root node
to any other node of the tree creates an itemset, which we
call as prefix-itemset of the node. The support count of a
node N defines the number of transactions that contain the
prefix-itemset of the nodeN .N.nu is the overestimated util-
ity of the prefix-itemset. A header table is maintained to
facilitate efficient traversal of the tree. The header table has
three columns, Item, TWU and Link. The nodes in a UP-
Tree along a path are maintained in descending order of their
TWU values. All nodes with the same label are stored in a
linked list, and the link pointer in the header table points to
the head of this list.

In the first scan, the UP-Growth+ algorithm computes
the transaction weighted utility (TWU) of all items. Items
which have their TWU values less than the minimum thresh-
old are removed from every transaction in the database as
well as items in each transaction are sorted in decreasing

order of TWU values. These reorganized transactions are
then used to construct a global UP-tree. The global UP-tree
for our example database is shown in Fig. 4. The algorithm
extends an empty prefix by item i from the header table in
a bottom-up manner. It computes the overestimated utility
of the pattern by traversing the linked list associated with
the item i of the pattern. If the overestimated node utility
is greater than the minimum threshold, the prefix pattern
is added to the set of candidate high-utility itemsets. After
extending the prefix by an item i, a conditional-pattern-
base is created. The conditional pattern base is the set of
paths from the tree which contains the prefix. The local UP-
Tree of the prefix is constructed considering the paths in the
conditional-pattern-base as transactions and the algorithm
mines candidate high-utility patterns recursively. After the
first phase of the algorithm is complete, it scans the database
once more to verify candidates for high-utility.

5.2 Inverted-list based algorithm

FHM [10] algorithm is a vertical data mining algorithm
which uses a utility-list data structure for mining high-utility

Fig. 5 Reorganized transactions
and TWU of items
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Fig. 6 Utility-list of item {A} and {B}

itemsets. Utility-list is a compact data structure for stor-
ing information about the transactions in which the itemset
appears along with its utility value. A utility-list associ-
ated with an itemset I is a list of triples storing three
columns of information: T ID, Iutils and Rutils. T ID is
the transaction identifier associated with each transaction in
the database and Iutils(I, Ti) is the exact utility of itemset
I in the transaction Ti . FHM assumes that the items in a
transaction are sorted in ascending order of their TWU val-
ues. A transaction is called as a reorganized transaction, if
the items present in it are sorted in ascending order of their
TWU values. The reorganized transactions for our exam-
ple database is shown in Fig. 5. The TWU of items is also
shown in Fig. 5. Rutils(I, Ti) is the utility of items which
occur after itemset I in transaction Ti according to a glob-
ally defined ordering (e.g. ascending order of TWU values).
For example, the utility-list of items {A} and {B} is shown
in Fig. 6.

In the first scan of the database, the algorithm finds out
the high TWU items. The utility-lists of high TWU items
are constructed in the next scan of the database. The algo-
rithm generates the utility-list of an {k}-length itemset by
combining the utility-lists of {k − 1}-length itemsets. For
example, the utility-list of itemset {AB} constructed from
the intersection of utility-list of item {A} and {B} is shown
in Fig. 7.

The algorithm generates all distinct high-utility items and
then proceeds to the generation of pairs, triplets, etc. The
FHM algorithm doesn’t generate any candidate high-utility
itemsets, which need to be verified later. However, the join-
ing of utility-lists is a costly operation. In order to reduce
the number of join operations, FHM uses a pruning strategy
called Estimated Utility Co-occurrence Pruning (EUCP).
The pruning strategy relies on a novel data structure called
EUCS. The EUCS data structure is built during the second

Fig. 7 Utility-list of itemset {AB}

scan of the database. It is defined as a set of triples (a, b, c)
such that TWU(a, b)=c. The EUCS structure for our exam-
ple database is shown in Fig. 8. Suppose we have an itemset
Px whose supersets can be explored to find high-utility
itemsets i.e. sumIutils + sumRutils ≥ threshold . Before
extending the itemset Px with item y, which comes after
item x in the ordering of items, the algorithm will check if
there exists an entry in the EUCS structure, where TWU(x,y)
≥ threshold. If no such entry exists, no super-set of Pxy

will be explored further.

5.3 UFH: a hybrid algorithm by integrating
UP-Growth+ and FHM

UFH is a recursive algorithm, which requires two scans of
the database. In the first scan, the TWU of distinct items
present in the database is computed. Items which have their
TWU less than the minimum utility threshold are removed
from transactions in the next scan of the database. The
items in each transaction are sorted in decreasing order of
TWU values and inserted to form a global UP-Tree. The
utility-list of items which have their TWU no less than the
minimum threshold is also created. After the completion
of Pre-processing phase, UP-Growth+ algorithm is called.
UP-Growth+ algorithm picks the first entry from the bot-
tom of the header table and constructs a new itemset I ,
by appending the item picked from the header table to the
current prefix. The transaction weighted utility(TWU) of
itemset I is computed. If the TWU is greater than or equal
to the minimum threshold, we compute an upper bound
utility estimate of the currently processed itemset. If this
estimated utility value satisfies the minimum threshold con-
dition, there is a possibility of high-utility itemsets being
generated from the currently processed itemset. The set of
prefix {1}-length extensions of itemset I is constructed from
the conditional pattern base of itemset I . After construc-
tion of the utility-lists of prefix {1}-length extensions, FHM
algorithm is invoked. Else, the local tree is generated, and
a tree-based algorithm is called recursively. We discuss the
process of creating utility-list of any itemset in Section 5.4.
The upper bound utility estimate is defined below.

Fig. 8 EUCS data structure
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Definition 8 (Upper bound utility value) For a given sup-
port count s and for any path in the tree having itemset
I = 〈a1, a2, ..., ak〉, we define Upper bound utility value of
I , denoted by ub(I), as

ub(I) =
k∑

i=1

max
j

{u(ai, Tj ) | ∀Tj ∈ D} × s

We used the implementation of UP-Growth+ algorithm
available in SPMF library [9]. The implementation avail-
able in the library sorts the transactions in the local tree
according to decreasing order of the path utility of items.
Items which have the same path utility are sorted lexico-
graphically. This ordering at a local level can cause some
1-length extensions of an itemset to be missed during the
construction of utility-lists before invoking FHM. In order
to resolve the issue, we keep the ordering of items intact
along with a path in the local tree. For example, con-
sider the database shown in Fig. 2 and let the mini-
mum threshold be 30. Let us process item {H } from the
global UP-tree shown in Fig. 4. The conditional pattern base
of item H consists of a single path 〈CDAB : 43〉 with
path utility 43. Since the path utility of all the items is
same i.e. 43, the SPMF implementation of the UP-Growth+
algorithm sorts the items lexicographically. The reorganized
path becomes 〈ABCD〉 : 43 and inserted to form the local
tree of {H }. Let us now observe the processing of itemset
{HA}. The upper bound utility of itemset HA is 32, which
is greater than the minimum utility threshold. Therefore, the
algorithm computes the {1}-length extensions of {HA} from
its conditional pattern base. Since the conditional pattern
base of {HA} is empty, no prefix extensions are considered.
However, {HAC} is a high-utility itemset with utility 33. If
we keep the ordering of the global tree intact, conditional
pattern base of {HA} would have path 〈CD〉 in it, and no
prefix extensions would have been missed.

5.4 Optimization techniques for implementing UFH
algorithm

Suppose, we have an itemset I = 〈a1, a2, ..., ak〉 and the
upper bound utility value of I is greater than the threshold.
There are several ways to construct the utility-list of itemset
I before calling the inverted-list based algorithm. A naive
approach, is to construct the utility-list of I from scratch
by joining the utility-lists of all the items present in this
itemset. The problem with this approach is that constructing
utility-lists from scratch is inefficient. We use memoization
technique to make this construction process efficient. After
constructing the utility-list of an itemset I , we store it for
later reuse. Before the construction of the utility-list of any

itemset I , we will check if the utility-list of any subset of
I is stored in memory. If subsets exist, we will reuse the
utility-list of the subset of maximum length for constructing
the utility-list of itemset I .

We use another optimization while constructing the
utility-list of an itemset I for the first time. We fetch the
utility-list of items a1, a2 and join them to construct the
utility-list of itemset {a1a2}. A check is performed to find
out if the supersets of this intermediate itemset will be of
high-utility or not by using the pruning strategy proposed by
HUI-Miner [19]. If yes, we proceed with the construction
process. Else, we add this intermediate itemset into a list
which we call the black-list. Before invoking our algorithm
on any prefix, we check if the current prefix or its subset is
in the black-list or not. If the prefix is in the black-list, we
know that it is not worthy to extend this prefix further. If the
current prefix is in the black-list, we don’t invoke the tree-
based algorithm on that prefix and proceed with the next
entry from the header table. We will refer to this strategy as
the early termination strategy.

EFIM [36] uses the concept of transaction merging to
reduce the cost of database scans. After the removal of
unpromising items, it is possible that some transactions
become identical i.e. containing the same set of items. Such
transactions can be merged to create a single transaction.
The internal utility value of each item in the new transac-
tion is equal to the sum of its internal utility in the different
identical transactions. We perform transaction merging once
before the starting the mining process.

6 Experiments and results

In this section, we compare the performance of our proposed
hybrid algorithm against the state-of-the-art algorithms
FHM [10] and EFIM [36]. We obtained the Java source
code of UP-Growth+, FHM and EFIM algorithm from the
SPMF library [9]. The experiments were performed on an
Intel Xeon(R) CPU=26500@2.00 GHz with 16 GB free
RAM and Windows 8 operating system. We compared the
performance of the algorithms by total execution time as
well as the number of intermediate itemsets generated by
algorithms. The number of intermediate generated item-
sets gives an idea about the search space explored by the
algorithm. We call the intermediate generated itemsets can-
didates, as it contains the set of high-utility itemsets. We
also observe the memory consumed by different algorithms.
We use the JVisual VM coupled with Java Development Kit
for observing the memory consumed by algorithms. In our
experiments, the utility values are expressed in terms of per-
centage of the total transaction utility of the database. Every
algorithm is executed five times and an average is taken for
total time and memory.
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(a) (b)

(c) (d)

(e) (f)

Fig. 9 Performance evaluation on real sparse datasets
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(a) (b)

(c) (d)

(e) (f)

Fig. 10 Performance evaluation on real sparse datasets



A hybrid framework for mining high-utility itemsets in a sparse transaction database 821

(a) (b)

(c) (d)

(e) (f)

Fig. 11 Performance evaluation on real dense datasets
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(a) (b)

(c) (d)

Fig. 12 Performance evaluation on real dense datasets

We conducted experiments on various real and syn-
thetic dataset. The description of the real datasets is shown
in Table 1. The datasets vary in the number of transac-
tions (#Tx), average transaction length and the number
of items (#Items). All datasets, except Chainstore, were
obtained from SPMF library [9]. The ChainStore dataset
was obtained from NU-Minebench 2.0 repository [23].
BMS WebView 1 and BMS WebView 2 contain sequences
of click-stream data. Kosarak also contains sequences of
click-stream data obtained from a Hungarian news portal.
Retail is a market basket data obtained from an anony-
mous Belgian retail store. Chainstore and OnlineRetail
are also obtained from a retail store. KDDCup99 is a
transformed dataset from KDD Cup 1999. PowerC is a
dataset about household electric power consumption. The

Accidents dataset is prepared from an anonymized traffic
accident data. The Connect dataset contains the positions
in the game of connect-4. Only ChainStore had the quan-
tity and external utility associated with each item in the
database. The quantity information for items in the other
datasets was chosen randomly from 1 to 5. The exter-
nal utility values were generated between 1 to 1000 using
log-normal distribution.

In the first set of experiments, we observe the total time
as well as the number of candidates for different minimum
utility threshold. We will first discuss the results for sparse
datasets. We compare against two variants of EFIM algo-
rithm; with and without transaction merging. For sparse
datasets, we observe that EFIM without transaction merging
performs better than EFIM for all sparse datasets. Sparse
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(a) (b)

(c) (d)

(e) (f)

Fig. 13 Memory consumption on real sparse datasets
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(a) (b)

(c)

(e)

(d)

Fig. 14 Memory consumption on real dense datasets
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Fig. 15 Scalability on
Chainstore dataset

datasets consist of transactions of small average length and
a large number of items. The probability of an item pres-
ence in a transaction is less, compared to dense datasets.
We believe that transaction merging does not perform well
for sparse datasets. Our experimental results validate our
hypothesis.

The results for BMS WebView 1, BMS WebView 2 and
OnlineRetail is shown in Fig. 9. For BMS WebView 1, our
UFH algorithm performs better than FHM by at least 400
times and EFIM by at least 66 times in terms of total execu-
tion time. UFH also generates fewer candidates compared to
FHM and EFIM. For BMS WebView 2, UFH is better than
FHM by at least 40 times and EFIM by 1.5 times. For BMS
WebView 2, EFIM generates fewer candidates compared
to UFH. However, the cost of creating projected database
recursively is a key factor in the performance of EFIM. For
OnlineRetail, UFH performs better than FHM by at least
10 times and EFIM by 7 times. UFH and EFIM produce a
similar number of candidates for the OnlineRetail dataset.

The results for Retail, ChainStore, and Kosarak is shown
in Fig. 10. For Retail, UFH performs better than FHM by at
least 7 times and EFIM by 6.5 times. For Kosarak dataset,
UFH beats FHM by 65 times and EFIM by 2 times. For
ChainStore, FHM beats EFIM and EFIM with merging in
terms of total execution time. Our algorithm UFH beats
FHM by 5 times and EFIM by 9 times in terms of total exe-
cution time. The results show that FHM beats EFIM on a
real sparse dataset like ChainStore. EFIM without transac-
tion merging performs better than EFIM on sparse datasets.
The total execution time and the number of candidates
reduce with an increase in the minimum utility threshold for
all datasets.

We will now discuss the performance of different algo-
rithms on dense datasets. The results for KDDCup99, Pow-
erC and Mushroom is shown in Fig. 11. UFH performs
well on PowerC and KDDCup99 datasets as our algorithm

performs an initial transaction merging before starting the
mining process. The initial transaction merging reduces the
size of the database by 99% for these datasets. The results
for Connect and Accidents is shown in Fig. 12. We observe
that EFIM is the state-of-the-art algorithm for datasets like
Mushroom, Connect, and Accidents where initial transac-
tion merging is not quite effective. Transaction merging
works quite well in these datasets during the mining process.

We also observed the memory consumed by the algo-
rithms on real datasets. The results are shown in Figs. 13
and 14. Our proposed algorithms consume less memory
than FHM on different datasets. Our algorithm consumes
memory comparable to EFIM on BMS WebView 1 and
PowerC dataset. EFIM consumes less memory on other
datasets as it computes the utility and heuristic information
for an itemset from projected database only without creating
utility-lists.

In order to assess the impact of scalability on the per-
formance of our algorithm, we conduct another experiment
on ChainStore dataset. The minimum utility threshold is
fixed to 0.1%. The total time and number of candidates are
observed for varying number of transactions in the database.
The number of transactions is varied from 200k to 1000k.
The results are shown in Fig. 15. The results show that our
algorithm is scalable and perform well with an increase in
the number of transactions.

7 Conclusions

In this paper, we proposed a hybrid framework for min-
ing high-utility itemsets from transaction databases. Our
proposed framework can combine any tree-based recursive
algorithm with an inverted-list based algorithm. We per-
form a case study of the integration of the UP-Growth+ and
FHM algorithm. Experimental results on real and synthetic
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datasets demonstrate that the hybrid algorithm built on our
framework performs better than the state-of-the-art algo-
rithms on sparse datasets. We observed, that our hybrid
algorithm beats FHM and EFIM on few dense datasets. As a
part of our future work, we will try to identify characteristics
of dense datasets on which algorithms based on our frame-
work will become more efficient compared to EFIM. We
will further study the impact of different switching criteria
on the performance of hybrid algorithms.
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